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The classical Leibniz formula for multiple derivatives is quantized. 
 

 
The classical Leibniz formula for multiple derivatives, 
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is quantized. 
 Let T stand for the q multiplication of the argument: 

  ( )( ) ( )s sT f x f q x= , s Î  . (1) 

Introduce the (symmetric) q-derivative: 
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Then the usual Leibniz formula reads 

  1( ) ( ) ( )fg f T g T f g-¢ ¢ ¢= + , (6) 
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with f ¢ standing for 
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f
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Theorem 7. For 0n ³Î  , we have: 
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Proof. We use induction on n, using the obvious relation 

  ( ) ( )r r rT f q T f¢ ¢= , r Î  . (9) 

We have: 
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Thus, (8) amounts to the equality 
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which is true. 
 


